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Abstract
We study the optimal design of student financial aid as a function of parental income.
We derive optimal financial aid formulas in a general model. We estimate a model of
selection into college for the United States that comprises multidimensional heterogeneity,
endogenous parental transfers, dropout, labor supply in college, and uncertain returns.
We quantify optimal financial aid in the estimated model and find it is strongly declining
in parental income even without distributional concerns. Equity and efficiency go hand
in hand.
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Introduction

In all OECD countries, college students benefit from financial support (OECD, 2014). Moreover, with the goal of guaranteeing equality of opportunity, financial aid is typically needbased and targeted specifically to students with low parental income. In the United States,
the largest need-based program is the Pell Grant. Federal spending on this program exceeded
$30 billion in 2015 and has grown by over 80% during the last 10 years (College Board, 2015).
One justification for student financial aid in the policy debate is that the social returns to
college exceed the private returns because the government receives a share of the financial
returns through higher tax revenue (Carroll and Erkut, 2009; Baum et al., 2013). This lowers
the effective fiscal costs (i.e., net of tax revenue increases) of student financial aid.
In this paper, we study the optimal design of financial aid and show that considering dynamic scoring aspects is crucial to assessing the desirability of need-based programs such as
the Pell Grant. We show that effective fiscal costs of financial aid are increasing in parental
income and are therefore lowest for those children that are targeted by the Pell Grant, as we
explain below. Further, we show that fiscal benefits are decreasing in parental income. The
policy implication is that need-based financial aid is desirable not only because it promotes intergenerational mobility and equality of opportunity; need-based financial aid is also desirable
from an efficiency point of view because subsidizing the college education of children from
weak parental backgrounds is cheaper for society than subsidizing students from “average”
parental backgrounds. The usual equity-efficiency trade-off does not apply for need-based
financial aid.
We start with a general model without imposing restrictions on the underlying heterogeneity in the population. Besides enrollment, labor supply and savings decisions, we consider
dropout, labor supply during college and endogenous parental transfers. We derive a simple
optimality condition for financial aid that transparently highlights the key trade-offs. At a
given level of parental income, optimal financial aid decreases in the share of college enrollees,
whom we refer to as inframarginal students. A higher share of inframarginal students implies
a higher marginal cost of increasing financial aid; if the planner increases financial aid by one
dollar, these inframarginal students must all be paid an additional dollar without any effect
on these students’ enrollment decisions. These costs are scaled down by the marginal social
welfare weights attached to these students, which reflect the utility gain of the additional dollar for these inframarginal students. Optimal financial aid increases in the share of marginal
students, the students that are at the margin of attending college with respect to financial
aid, and the fiscal externality per marginal student, the change in lifetime fiscal contributions
causal to college attendance. These two factors jointly capture the marginal benefits of the
subsidy. Elasticities linking changes in enrollment behavior to changes in financial aid have
been estimated in the literature (e.g., by Dynarski (2003) and Castleman and Long (2016)).
These papers provide guidance about the average value of this policy elasticity (Hendren,
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2016) or about its value at a particular parental income level. Knowledge of these elasticities
for students from different parental income groups, however, is necessary to analyze the welfare
effects of need-based financial aid. Further, these elasticities are not structural parameters
and therefore are not policy-invariant.
The main approach of this paper is therefore to estimate a structural model of selection into
college that allows us to compute this policy elasticity along the parental income distribution
and for alternative policies and therefore to solve for the optimal financial aid schedule. In
our quantitative structural model we account for earnings risk, dropout, labor supply during
college and, importantly, crowd-out of parental transfers by explicitly modeling parental decisions to save, consume and provide transfers to their children. Another additional crucial
ingredient of the model is heterogeneity in the psychic costs of education because monetary
returns can only account for a small part of the observed college attendance patterns (Heckman et al., 2006). Using data from the National Longitudinal Survey of Youth 1979 and 1997,
we estimate the parameters of our model via maximum likelihood.
We find that optimal financial aid policies are strongly progressive. In our preferred specification, the level of financial aid drops by 48% moving from the 25th percentile of the parental
income distribution to the 75th percentile. The strong progressivity result does not rely on
the Utilitarian welfare criterion. We consider two alternative social planners who do not
value redistribution: a social planner that sets equal marginal social welfare weights (Saez
and Stantcheva, 2016) on all students and a planner that is only interested in maximizing tax
revenues. Both would choose an almost equally progressive financial aid schedule. Second, our
estimates suggest that targeted increases in financial aid for students below the 59th percentile
of the parental income distribution are self-financing by increases in future tax revenue; this
implies that targeted financial aid expansions could be free-lunch policies. Both results point
out that financial aid policies for students are a rare case in which there is no equity-efficiency
trade-off.
To elucidate the channels which drive the progressivity result, we show that parental income
is positively associated with the share of inframarginal students and negatively associated
with the share of marginal students, implying that increases in financial aid for high income
families are both high cost and low benefit.1 Both these factors are strong forces for needbased financial aid. We perform a model-based decomposition to assess which features are
most important in generating these associations and therefore in the progressivity of optimal
financial aid. We find that the correlations between parental income and parental transfers,
preferences, and ability all play important roles in the progressive optimal aid schedule.2
1

One may have expected that efficiency considerations would make a case against need-based financial aid
because of the positive correlation between returns to college and parental income. This correlation is indeed
positive in our empirical model, and the fiscal externality of the average marginal student with high parental
income is higher than for the average marginal student with low parental income. However, this effect is
dominated by the relationship between inframarginal and marginal students with parental income.
2
The role played by parental transfers is particularly large, as they interact with borrowing constraints.
When borrowing constraints are eliminated first, heterogeneity in parental transfers plays a negligible role.
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In a last step, we provide several extensions and robustness checks. We show that our progressivity result also holds if we (i) remove borrowing constraints, (ii) choose the merit-based
dimension of financial aid optimally, (iii) allow the government to set an optimal Mirrleesian
income tax schedule, (iv) model early educational investments and thereby endogenize ability
and (v) if the relative wage for college educated labor is determined in general equilibrium.
Our paper extends the existing literature in several ways. Stantcheva (2017) characterizes
optimal human capital policies in a very general dynamic model with continuous education
choices. The main differences to our approach are twofold. First, theoretically, we study
a model with discrete education choices as we find this a natural way to study financial aid
policies. As we show, the optimality conditions are quite distinct from the continuous case and
different elasticities are required to characterize the optimum. Second, the extensive margin
education decision allows us to incorporate a large degree of heterogeneity without making
the optimal policy problem intractable. This allows for a modeling approach that is very close
to the empirical literature.
Bovenberg and Jacobs (2005) consider a static model with a continuous education choice
and derive a “siamese twins” result: they find that the optimal marginal education subsidy
should be as high as the optimal marginal income tax rate, thereby fully offsetting the distortions from the income tax on the human capital margin.3 Lawson (2017) uses an elasticity
approach to characterize optimal uniform tuition subsidies for all college students.4 Jacobs and
Thuemmel (2018) study the role of skill-biased technical change for optimal college subsidies
and income taxation. We contribute to this line of research by developing a new framework to
analyze how education policies should depend on parents’ resources and also trade off meritbased concerns. Our theoretical characterization of optimal financial aid (and tax policies)
allows for a large amount of heterogeneity, and we tightly connect our theory directly to the
data by estimating the relevant parameters ourselves. Finally, the paper is also related to
many empirical papers, from which we take the evidence to gauge the performance of the
estimated model. These papers are referred to in Section 3 and online appendix 4.6 contains
a more detailed review.
We progress as follows. In Section 2, we develop the general model and characterize the
optimal policies in terms of reduced-form objects. In Section 3, we specify our quantitative
model as a special case of the general model presented in Section 2 and present our estimation
approach. Section 4 presents optimal financial aid policies, and Section 5 decomposes the forces
3

Bohacek and Kapicka (2008) derive a similar result as in a dynamic deterministic environment. Findeisen
and Sachs (2016), focus on history-dependent policies and show how history-dependent labor wedges can be
implemented with an income-contingent college loan system. Koeniger and Prat (2017) study optimal historydependent human capital policies in a dynastic economy where education policies also depend on parental
background. Stantcheva (2015) derives education and tax policies in a dynastic model with multi-dimensional
heterogeneity, characterizing the relationship between education and bequest policies. Findeisen and Sachs
(2018) focus on the implications of no-commitment on the side of the policy maker.
4
Our work is also complementary to Abbott et al. (2018) and Krueger and Ludwig (2013, 2016), who study
education policies computationally in very rich overlapping-generations models.
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which lead to an optimal financial aid schedule. In Section 6 we discuss further robustness
issues. Section 7 concludes.

2

Optimal Financial Aid Policies

In this section we characterize optimal (need-based) financial aid policies for college students.
Our approach is to work with a general model and characterize the optimal financial aid in
terms of reduced-form objects. This formula is general on the one hand and economically
intuitive on the other hand. It clearly highlights the role of the fiscal externality as a reason
for why education is subsidized (Bovenberg and Jacobs 2005). The fiscal externality arises
through the tax-transfer system: if college increases human capital and therefore earnings,
college education implies a fiscal externality since the individual will pay more taxes. Hence,
if the government imposed lump sum taxes that were independent of earnings, there would
be no fiscal externality.

2.1

Individual Problem

Individuals start life in year t = 0 as high school graduates and are characterized by a vector
of characteristics X ∈ χ and (permanent) parental income I ∈ R+ . Life lasts T periods and
individuals face the following decisions. At the beginning of the model, they face a binary
choice: enrolling in college or not. If individuals decide against enrollment, they directly enter
the labor market and make labor-leisure decisions every period. If individuals decide to enroll
in college, they also make a labor-leisure decision during college and, at the beginning of each
following year before graduating, decide whether to drop out or continue in college. After
graduating or dropping out, individuals enter the labor market.
We start by considering labor market decisions of individuals that either are out of college
or have chosen to forgo college altogether. This is a standard labor-leisure-savings problem
with incomplete markets. Let VtW (·) denote the value function of an individual in the labor
market in year t. Then the recursive problem is given by
 W

(X, I, e, at+t , wt+1 )|wt
VtW (X, I, e, at , wt ) = max U (ct , `t ) + βE Vt+1
ct ,`t

subject to the budget constraint
ct + at+1 = `t wt − T (`t wt ) + at (1 + r) + trt (X, I, e, wt ).
The state variables are the initial characteristics (X, I), the education level e ∈ {H, D, G}
(high school graduate, college dropout, college graduate), assets at , and the current wage
wt . The variables (X, I, e) are state variables because they may affect parental transfers
trt (X, I, e, wt ) and because they may affect the evolution of future wages. The dependence
4

on the education decision then captures the returns to education. The function T captures
the tax-transfer system. Finally, we assume that the utility function is such that there are
no income effects on labor supply. Given those value functions, we now turn to the value
functions of the different education decisions. The value of not enrolling in college (i.e.,
choosing education level H) is simply given by the expected value of entering the labor force


V H (X, I) =E V1W (X, I, e = H, a1 = 0, w1 ) .
Regarding the realization of uncertainty, the timing is such that individuals directly enter the
labor market in period one and draw their first wage w1 , which is hence only known after the
education decision has been made.
Next, we turn to the decisions during college. Besides the question of how much to work
and consume while in college, individuals also make the binary decision of dropping out or
staying enrolled. The value function of a college student at age t is given by
VtE (X, I, at , εt ) = max[VtN D (X, I, at , εt ), VtD (X, I, at , εt )]
where VtD (·) is the value function associated with dropping out, VtN D (·) denotes the value
function of staying enrolled (not dropping out), and εt is a vector of preference shocks. Agents
who drop out of college enter the labor force and may also pay a psychic cost associated with
dropping out. The value of dropping out is therefore given by:



VtD (X, I, at , εt ) =E VtW (X, I, e = D, at , wt ) − d (εt )
where d (εt ) represents the psychic cost of dropping out.
Agents who do not drop out of college choose consumption and labor supply. At the end of
the period, they either graduate or continue in college. The value function for staying enrolled
is therefore given by:


VtN D (X, I, at , εt ) = max[U E ct , `E
t ; X, εt +
ct ,`E
t

β




 E

 W

1 − P rtGrad (X) × E Vt+1
(X, I, at+1 , εt+1 ) + P rtGrad (X) × E Vt+1
(X, I, e = G, at+1 , wt+1 )

subject to
E
ct = `E
t ω + at (1 + r (at , I)) − at+1 − F(X) + G (X, I) + trt (X, I, G(X, I))

and
at+1 ≥ āE
t+1 .
5

w is the wage that students earn if they work during college and F(X) is tuition. Tuition
might vary by X because of regional differences in college tuition, for example. We denote
5
work in college by `E
t . The term G(X, I) is the amount of financial aid a student with charac-

teristics X and parental income I receives, and trtE (X, I, G(X, I)) captures parental transfers
in year t for children that are enrolled in college. These transfers are endogenous with respect
to the level of financial aid to account for the potential crowding out of parental transfers
through financial aid. P rtGrad (X) is a stochastic graduation probability which can depend on
the vector X.6 We allow the interest rate for college enrollees to vary by the agent’s asset
position (positive or negative) and by parental income. We denote flow utility while enrolled
in college by U E (ct , `E
t ; X, εt ). Importantly, this flow utility may include the psychic costs and
nonpecuniary benefits of college attendance, in addition to flow utility from consumption and
labor supply. These psychic costs have been found to be important in explaining college enrollment patterns.7 The flow utility in college can depend directly on personal characteristics,
X, allowing these psychic costs of college to vary with the individual’s characteristics. Note
that the vector of personal characteristics, X, may also include idiosyncratic preferences for
enrolling in college.
Finally we denote the value of enrolling into college in the first place as


V E (X, I) = E V1E (X, I, a1 = 0, ε1 ) + υ(X),
where υ(X) is a function that gives any additional nonpecunairy benefits of enrolling in college
for agents with characteristics X.8 An individual enrolls in college if V E (X, I) ≥ V H (X, I).
Before we derive the optimal financial aid formulas, we ease the upcoming notation a bit.
Denote by PtD (X, I, G(X, I)) the share of individuals of type (X, I) that drop out in period t.
Importantly the model captures the idea that the dropout decision is endogenous with respect
to financial aid because the value of not dropping out, VtN D (·), is increasing in financial aid.

Q
Q
Grad
(X)
Further, denote by PtE (X, I, G(X, I)) = ts=1 (1 − PsD (X, I, G(X, I)) × t−1
s=1 1 − P rs
the proportion of all initially enrolled students that are enrolled in period t. Finally, we
denote the proportion of initially enrolled students that successfully complete college by
P G E
P C (X, I, G(X, I)) = Tt=1
Pt (X, I, G(X, I))P rtGrad (X). We move to the policy analysis and
for the remainder of the section make three simplifying assumption for the purpose of simpler
notation. We assume that individuals can only drop out after two years in college such that
PtD (X, I, G(X, I)) = 0 if t 6= 3 and cannot graduate before year t = 3, i.e. P rtGrad (X) = 0 for
5

We assume these earnings are not taxed. In the data, the average earnings of students who work in
college are so low that they do not have to pay positive income taxes; in addition, the vast majority of college
students does not qualify for welfare/transfer programs.
6
This allows for the possibility that high ability students may graduate from college in shorter time, for
example.
7
See Cunha et al. (2005), Heckman et al. (2006) or Heckman and Navarro (2007).
8
The term υ(X) is only experienced at the time of enrollment. In contrast, U E (·), the flow utility for
someone enrolled in college, is a flow each year the agent is enrolled in college. Therefore, υ(X) only affects
the enrollment decision while U E (·) affects enrollment and dropout decisions.
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t = 1, 2.9 Finally, we assume that financial aid only depends only on parental income, and
not on other characteristics, X. We therefore write financial aid as G(I) for the remainder of
this section.10
Further, let a type (X, I) be labeled by j and define the enrollment share for income level
I:

Z
E(I) =
χ

1VjE ≥VjH h(X|I)dX,

where 1VjE ≥VjH is an indicator function capturing the education choice for each type j = (X, I).
Next, we define the completion rate by
R
C(I) =

χ

1VjE ≥VjH P C (X, I, G(I))h(X|I)dX
E(I)

,

which captures the share of enrolled students of parental income level I that actually graduate.
We assume that these shares, as well as the probabilities of dropping out, PtD (X, I, G(I)), are
differentiable in the level of financial aid.

2.2

Fiscal Contributions

We now define the expected net fiscal contributions for different types (X, I) and different
education levels as these will be key ingredients for the policy analysis. We start with the net
present value (NPV) in net tax revenues of high school graduates of type (X, I):

NT

H
N P V (X, I)


t−1
T
X
1
=
E (T (yt )|X, I, H) ,
1
+
r
t=1

where yt = wt `t is total earnings in year t.
The fiscal contribution of a dropout is given by their net present value of tax payments
minus grants received:
NT

D
N P V (X, I)

t−1
t−1

2 
T
X
X
1
1
E (T (yt )|X, I, D) − G(I)
.
=
1
+
r
1
+
r
t=3
t=1

9

We provide the optimal policy formulas without these simplifying assumptions in online appendix 1.2.
The intuition of these formulas are the same but the notation is considerably more cumbersome.
10
We allow for other characteristics to enter the financial aid formula in the quantitative version of the
model in Section 4. We show that our main result also extends to the case in which the merit-based elements
are chosen optimally in online appendix 6.7.
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Finally, we turn to students who ultimately graduate from college. The average fiscal
contribution of graduates of type (X, I) is given by the net present value of tax payments
minus grants received, weighted by the probability of graduating in a given year:
1

NT G
N P V (X, I) = PTG

E
Grad
g=3 Pg (X, I, G(I))P rg

"

TG
X


T
X
1
E
Grad
Pg (X, I, G(I))P rg
(X)
1+r
g=3
t=g+1

(X)
t−1

×
t−1
g 
X
1
E (T (yt )|X, I, G) − G(I)
1+r
t=1

#

where TG is the latest possible graduation date. Finally, expected fiscal contributions of an
individual that decides to enroll are given by the weighted average of the fiscal contributions
of college graduates and college enrollees:
G
D
C
C
NT E
N P V (X, I) = P (X, I, G(I)) × N T N P V (X, I) + (1 − P (X, I, G(I))) × N T N P V (X, I).

2.3

Government Problem and Optimal Policies

We now characterize the optimal financial aid schedule G(I). We denote by F (I) the unconditional parental income CDF, by K(X, I) the joint CDF and by H(X|I) the conditional
one; the densities are f (I), k(X, I), and h(X|I), respectively. The government assigns Pareto
weights k̃(X, I) = f˜(I)h̃(X|I), which are normalized to integrate up to one.
Importantly, we assume that the government takes the tax-transfer system T (·) as given
and consider the optimal budget-neutral reform of G(I). Whereas the tax-transfer system is
not changed if financial aid is reformed, a change in the financial aid schedule changes the size
and the composition of the set of individuals that go to college. This implies a change in tax
revenue and transfer spending that directly feeds back into the available resource for financial
aid.11 Taking the tax-transfer system as given, the problem of the government is
Z

Z

max
G(I)

R+

max{V E (X, I), V H (X, I)}k̃(X, I)dXdI

(1)

χ

subject to the net present value government budget constraint:

Z

Z

ZR+ Zχ
+
ZR+ Zχ
+
R+

χ

NT H
N P V (X, I)1VjE <VjH k(X, I)dXdI
C
NT G
N P V (X, I)1VjE ≥VjH P (X, I, G(I))k(X, I)dXdI


C
NT D
N P V (X, I)1VjE ≥VjH 1 − P (X, I, G(I)) k(X, I)dXdI ≥ F̄ ,

11

(2)

To complete the picture, in online appendix 6.6, we consider the joint optimal design of financial aid G(I)
and the tax-transfer system T (·). Further, we also explore jointly optimal merit and need-based financial aid.
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The term F̄ captures exogenous revenue requirements (e.g. spending on public goods) and
exogenous revenue sources (e.g. tax revenue from older cohorts). Hence, F̄ < 0 could capture
that the cohort for which we are reforming the financial aid schedule is effectively subsidized
from other cohorts. Now we consider a marginal increase in G(I). We show in online appendix
1.1, it has the following impact on welfare:

∂E(I)
∂C(I)
× ∆T E (I) +
× E(I) × ∆T C (I) − Ẽ(I) 1 − W E (I) = 0.
∂G(I)
∂G(I)
{z
}
|
E(I)
|
{z
}
|
{z
} Mechanical Effect
Enrollment Effect
Completion Effect

(3)

The first two terms of (3) capture behavioral effects (i.e., changes in welfare that are due to
individuals changing their behavior). The third term captures the mechanical welfare effect
(i.e. the welfare effect that would occur for fixed behavior). We start with the latter.
The mechanical effect captures the direct welfare impact of the grant increase to inframarginal students. The more students are inframarginal in their decision to go to college and
the more of them do not drop out, the higher are the immediate costs of the grant increase.
The term Ẽ(I) is the total discounted years of college attendance of income group I and is
defined as
Z
Ẽ(I) =
χ

1VjE ≥VjH

!
t−1
TG 
X
1
PtE (X, I, G(I)) h(X|I)dX.
1
+
r
t=1

This captures the direct marginal fiscal costs of the grant increase. Since the utility of these
students is valued by the government, the costs have to be scaled down by a social marginal
welfare weight (Saez and Stantcheva, 2016). We denote average social marginal welfare weight
of inframarginal students with parental income I by W E (I). Formally it is given by

W E (I) =
hP max

R
tg
t−1 E
E
H
1
E
β
U
(·)
1+
t=1
c
χ Vj ≥Vj

∂trtE (·)
∂G(I)

Q

Qt−1
t
s=1 (1VsN D ≥VsD )
s=1

i
1 − P rsGrad (X) h̃(X|I)dX

ρ ff˜(I)
Ẽ(I)
(I)
where ρ is the marginal value of public funds, UcE is the marginal utility of consumption,
and 1VsN D ≥VsD is an indicator for an individual choosing not to drop out of college in year
s. Thus, W E (I) is a money-metric (weighted by Pareto weights h̃(X|I) and adjusted by
the number of years students receive financial aid) average marginal social welfare weight of
students of parental income I. It captures by how much welfare, measured in units of public
funds, increases if inframarginal students of this parental income level receive one more dollar
of financial aid. If the social welfare function is Utilitarian, then W E (I) measure how much
additional yearly financial aid is valued, in units of public funds, by the average enrollee in
9

,

this income group. One difference from the standard concept applies here, however. One
has to correct for the implied reduction in parental transfers that accompanies an increase in
resources for college students. For each marginal
grants, students only have
 dollar of additional

a change in consumption that is given by 1 +

∂trtE (X,I,G(I))
∂G(I)

. Ceteris paribus, the stronger

the crowding out of transfers, the lower are these welfare weights since fewer of the additional
grants effectively reach students.12
We now turn to the behavioral welfare effects in the first line of (3). The first term captures
the change in tax revenues due to an increase in enrollment and

∂E(I)
∂G(I)

captures the additional

enrollees. Since these individuals are marginal in their enrollment decision, this change in their
decision has no first-order effect on their utility. Therefore, we only have to track the effect
on welfare through the effect on public funds. The term ∆T E (I) captures the the average
increase in the NPV of net tax revenues for these marginal enrollees. Formally, it is given by
R
χ

∆T E (I) =

1Hj →Ej ∆T E (X, I) h(X|I)dX
R
,
1
h(X|I)dX
χ Hj →Ej

(4)

where 1Hj →Ej takes the value one if an individual of type j is marginal in her college enrollment decision with respect to a small increase in financial aid. By definition we have
R
h(X|I)dX = ∂E(I)
. ∆T E (X, I) is the (expected) fiscal externality of an individual
1
∂G(I)
χ Hj →Ej
H
of type (X, I): ∆T E (X, I) = N T E
N P V (X, I) − N T N P V (X, I).

There is a second behavioral effect due to endogenous college dropout. This second term
in (3) captures the increase in tax revenue due to an increase in the completion rate of the
inframarginal enrollees. The term

∂C(I)
∂G(I)

is the partial derivative of completion w.r.t.
E(I)

financial aid, holding E(I) constant. Therefore, the term

∂C(I)
∂G(I)

× E(I) captures the
E(I)

amount of inframarginal enrollees who did not graduate in the absence of the grant increase
but graduate now. Again, the envelope theorem applies and the change in their behavior has
no first-order effect on their utility. However, there is a welfare effect through the change
in public funds. ∆T C (I) captures the implied change in net fiscal contributions through the
increased completion rate:
R
∆T C (I) =

χ

C

h(X|I)dX
∆T C (X, I) ∂P (X,I,G(I))
∂G(I)
,
R ∂P C (X,I,G(I))
h(X|I)dX
∂G(I)
χ

D
where ∆T C (X, I) = N T G
N P V (X, I) − N T N P V (X, I). Finally, note that formula (3) is inde-

pendent of the adjustment in labor supply during college as a response to the grant increase.
This is an implication of the envelope theorem.
12

Note that we are not accounting for parents’ utilities here. Doing so would basically imply an increase in
the social welfare weights as not only the children but also the altruistic parents are benefiting from the grants.
The change in parental transfers would have no impact on parent’s utility due to the envelope theorem.
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Formula (3) expresses the optimal policy as a function of reduced-form elasticities and
provides intuition for the main trade-offs underlying the design of financial aid.13 It is valid
without taking a stand on the functioning of credit markets for students, the riskiness of
education decisions, or the exact modeling of how parental transfers are influenced by parental
income and how they respond to changes in financial aid. Those factors, of course, influence
the values of the reduced-form elasticities. For example, a tightening of borrowing constraints
should increase the sensitivity of enrollment especially for low-income students.
However, note that all terms in the optimal financial aid formula are endogenous with
respect to policies. Even if we know the empirical values for current policies, this is not
enough to calculate optimal policies. For this purpose, a fully specified model is necessary. In
the next section, we specify and estimate such a model. As a complement to the quantitative
optimal policy analysis, we consider a simplified model in online appendix 2, for which we can
derive closed-form solutions.

3

Quantitative Model and Estimation

We now present a fully specified version of our model presented in Section 2. We start by
stating the functional form assumption in Section 3.1. The model estimation is described in
Section 3.2. The performance of the estimated model is discussed in Section 3.3.

3.1
3.1.1

Quantitative Model
Basics

We first specify the underlying heterogeneity. Besides parental income I, individuals differ in
X = (θ, s, ParEdu, Region, εE ), which captures ability, gender, their parents’ education levels,
the region in which they live, and an idiosyncratic taste for college enrollment. Workers’ flow
utility in the labor force is parameterized as

U W (ct , `t ) =
where the labor supply elasticity

1
s

ct −

s
`1+
t
1+s

1−γ

1−γ
,

is allowed to vary by gender. Individuals work until 65

and start at age 18 in case they decide to not enroll in college. Each year, individuals make
a labor-supply decision and a savings decision. Life-cycle wage paths depend on ability θ,
gender s, education e, and on a permanent skill shock that individuals draw upon finishing
education and entering the labor market. We present the details of the wage parameterization
in online appendix 3.3.
13

Sometimes such formulas are labeled as sufficient statistics formulas. See Kleven (2018) for a discussion
on the terminology in the literature.
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3.1.2

College Problem

We now consider the decisions of individuals that are enrolled in college. We assume that
students can choose to work part-time, full-time, or not at all. Formally, `E
t ∈ {0, P T, F T }.
For flow utility in college we assume the following functional form:


ct1−γ
E
`E
`E
U E ct , `E
;
X,
ε
=
− κX − ζ `t + εt t .
t
t
1−γ
The term κX is the deterministic component of the psychic cost of attending college. Workers
of higher ability may find college easier and more enjoyable and therefore may have lower
psychic costs of college. Furthermore, children with parents who attended college may find
college easier, as they can learn from their parents’ experiences. Finally, we allow the psychic
cost of college to vary by an agent’s gender, to match differences in college-going rates across
genders. We therefore parameterize the psychic cost term as
κX = κ0 + κθ log (θ) + κfem I (s = female) + κP arEd ParEdu.
E

E

14
Together, ζ `t and κX
The term ζ `t is the common cost of working `E
t hours in college.
`E

t
capture the deterministic cost of continuing in college and working `E
t , while the term εt

is the idiosyncratic and i.i.d. utility associated with staying in college and working `E
t . We
`E

assume that the idiosyncratic preference shocks for students, εt t , are distributed with a nested
logit structure, with a separate nest for the three options involving continuing in college and
a separate nest for dropping out of college. We denote the nesting parameter by λ and the
E

scale parameter by σ ` . Given these assumptions, one can define the choice-specific
Bellman


E
E,`E
`
equations of an agent, depending on their labor supply choices Vt t X, I, at , εt t . For
brevity, we do so in Appendix A.1, since it is just a specific case of the problem from Section
2.1. We now turn to the value of staying in college, dropping out of college and enrolling in
college initially. Note that these are all just special cases of the value functions presented in
Section 2.1. The value of staying enrolled is the maximum of the three labor supply options:
n


o
VtN D (X, I, at , εt ) = max VtE,0 X, I, at , ε0t , VtE,P T X, I, at , εPt T , VtE,F T X, I, at , εFt T
where εt is a vector of choice-specific shocks. At the beginning of each period, the agent must
either choose to drop out of college or continue in college. We parameterize the psychic cost
D
of dropping out as d (t ) = δ−εD
t , where δ is the deterministic part of the dropout cost and εt is



the idiosyncratic part. Therefore, we can write VtD X, I, at , εD
= E VtW (X, I, e = D, at , wt ) −
t

δ+εD
t . As in Section 2.1, an agent’s problem at the beginning of the period is to choose whether

 ND
or not to drop out: VtE (X, I, at , εt ) = max VtD X, I, at , εD
, Vt (X, I, at , εt ) .
t
14

We normalize ζ 0 = 0 w.l.o.g.
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At the beginning of the model, agents must decide whether to enter college or to enter the
labor market directly. Let υ(X) = εE represent idiosyncratic taste for college enrollment that
is unreflected elsewhere in the model and is observed by the agent before their enrollment
choice. We consider εE to be a random, idiosyncratic component of the nonpecuniary benefits
of college enrollment, in addition to the deterministic psychic cost κX , which is a flow cost
incurred every year the agent is enrolled. We assume that εE has a logistic distribution with
scale parameter σ E . Given this, the value of enrolling in college is


V E (X, I) = E V1E (X, I, a1 = 0, ε1 ) + εE
As before, an agent enrolls if V E (X, I) > V H (X, I). For the remainder of the paper, it will
be useful to separate the elements of the vector X that are observable to the econometrican
from the idiosyncratic enrollment draw εE . We therefore let X̃ = (θ, s, ParEdu, Region).
3.1.3

Parent’s Problem

In Section 2, we modeled parental transfers in a general reduced form fashion. Now we provide
an explicit microfoundation where we model the parental life-cycle decision problem. Each
year the parent makes a consumption/saving decision. The parent also chooses how much to
transfer to the child dependent on the child’s education choice.15 Therefore, the parent has to
trade off the utility of helping their child through parental transfers with their own consumption. Parents make transfers to their child in the year in which a child graduates from high
school. We assume that parents commit to a transfer schedule before the child’s idiosyncratic
enrollment benefit, εE , is realized. This simplifies the model solution considerably.16 For all
years when the transfer is not given the parent simply chooses how much to consume and
save.17 The parent’s Bellman equation and details on the calibration of life-cycle parental
earnings are given in Appendix A.2.18 In the main body, we only elaborate on the portion of
the utility function that arises due to transfers.
15

Note that this also implies that high school transfers may also be endogenous with respect to financial
aid. We account for this in the calculation of optimal policy but find it to be economically unimportant
quantitatively.
16
If not, the child will have to take into account how parental transfers will respond to their preferences
and ability shocks which they partially reveal through their college choice.
17
The fact that parents provide all transfers based on the initial enrollment decision can give the incentive
to strategically enroll for one year and then drop out directly only to obtain the larger parental transfer. This
is one reason for why we incorporated the dropout costs δ, which makes such strategic behavior less attractive.
As we show in Section 3.3, our model performs well regarding the dynamics of dropout and graduation.
18
We assume that parents exogenously provide transfers to the agent’s siblings as well.
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In the year of the transfer, the parent receives utility from transfers. Let F trH , trE , X̃, I
represent the expected utility the parent receives from the transfer schedule trH , trE , conditional on a child with observable characteristics and parental income (X̃, I).









(cb + tre )1−γ 

F trH , trE , X̃, I = ωE V X, I, trH , trE +E 
+
φ
(ξ
+
ξ
)
1
ParEdu
E
 0

1−γ
|
{z
}
{z
} |
{z
}
|
Altruism

Paternalism

Warm Glow

where 1E is a dummy indicating that the child enrolls in college. There are three components,
which help to match key features of the relationship between parental transfers, parental
income, and the child’s problem. First, parents are altruistic, which allows for the possibility
that changes in the financial aid schedule crowd out parental transfers. With some abuse of
notation, let a child’s expected lifetime utility as a function of parental transfers be written
as





 
E V X, I, trH , trE = E max V H X, I|trH , V E X, I|trE
,
where the expectation is taken over the child’s idiosyncratic enrollment benefit, εE . The term ω
measures the weight the parent places on the child’s lifetime expected utility. Second, parents
are paternalistic; they receive prestige utility if the child attends college. Allowing for such
paternalism allows us to match the level of college transfers relative to transfers for children
who forgo college and adds an additional crowding-out element. The parameter ξP arEdu allows
prestige utility to vary by the parent’s education level. Specifically, ξ0 is the prestige utility all
parents receive and ξP arEdu is the additional prestige utility parents receive if at least one of
the parents has a college education. Third, parents receive warm-glow utility from transfers
that is independent of how the transfer affects the child’s utility or choices. Allowing for utility
from warm-glow helps us to match the gradient between parental income and transfers. Here
we adopt the the functional form commonly used in the literature (De Nardi, 2004). The
parameter φ measures the strength of the warm-glow incentive, and cb measures the extent to
which parental transfers are a luxury good.

3.2

Estimation and Data

To bring our model to the data, we make use of the National Longitudinal Survey of Youth
97 (henceforth NLSY97). A big advantage of this data set is that it contains information
on parental income and the Armed Forces Qualification Test score (AFQT-score) for most
individuals. The latter is a cognitive ability score for high school students that is conducted
by the US army. The test score is a good signal of ability. Cunha et al. (2011), for example,
show that it is the most precise signal of innate ability among comparable scores in other
data sets. We use the NLSY97 for data on college-going, working in college, dropout, parental
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transfers, and grant receipts.19 Since individuals in the NLSY97 are born between 1980 and
1984, not enough information about their later-life earnings is available. We therefore also use
the NLSY79 to better understand how earnings evolve throughout an agent’s life. Combining
both data sets has proven to be a fruitful way in the literature to overcome the limitations
of each individual data set; see Johnson (2013) and Abbott et al. (2018). The underlying
assumption is that the relation between the AFQT score and wages has not changed over
that time period. We use the method of Altonji et al. (2012) to make the AFQT scores
comparable between the two samples and different age groups. We define an individual as a
college graduate if she has completed at least a bachelor’s degree. An individual is considered
enrolled in college in a given academic year if they report being enrolled in college for at least
six months. Individuals who report enrolling for at least one year in a four-year college but
do not report a bachelor’s degree are considered dropouts. Agents who never enroll in college
are considered as high school graduates. Since individuals in the NLSY97 turn 18 years old
between 1998 and 2002, we express all US dollar amounts in year 2000 dollars. We drop
individuals with missing values for key variables. We also drop individuals who take off one
year or more of college before re-enrolling. These agents constitute 11% of the sample. We
allow college tuition to vary by the agent’s region. For the variable Region, we consider the
four regions for which we have information in the NLSY: Northeast, North Central, South,
and West.
An overview of our calibration and estimation procedure is given in Table 1. First of all, to
quantify the joint distribution of parental income and ability, we take the cross-sectional joint
distribution in the NLSY97. We then proceed in four steps. First, we calibrate and preset
a few parameters in Section 3.2.1. Second, we calibrate current US tax and college policies,
which we document in online appendix 3.1. Third, we estimate the parameters of the wage
function, which we document in online appendix 3.3. Fourth, we estimate the parameters of
the child’s and parent’s utility via maximum likelihood in Section 3.2.2.
3.2.1

Calibrated Parameters

We set the risk-free interest rate to 3% (i.e., r = 0.03) and assume that individuals’ discount
factor is β =

1
.
1+r

For the labor supply elasticity, we choose  = 5 for men and  = 1.66

for women, which imply compensated labor supply elasticities of 0.2 and 0.6, respectively.20
We make the assumption that students can only borrow through the public loan system. In
19

We calculate parental transfers using the same method as Johnson (2013) which involves summing the
amount of money parents give to the child, the amount of money received from family for college related
expenditures and the monetary value of living at home if the individual lives with his parents. If a child is
living at home in the data, we assume the child additional receives a transfer equal to the monetary value of
living at home. We use estimates of the monetary value of living at home directly from Johnson (2013).
20
See Blau and Kahn (2007) for a discussion of labor supply differences across gender. Our results are
robust to assuming smaller gender differences in labor supply behavior and also larger differences. The labor
supply elasticity is in general not a crucial parameter for optimal financial aid.
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Table 1: Parameters and Targets
Object

Description

Procedure/Target

F (I)
(θ, I)
r = 0.03
M en = 5
W omen = 1.66
P rtGrad (θ)

Marginal distribution of parental income
Joint and conditional distribution of innate abilities
Interest Rate
Inverse Labor Supply Elasticity for Men
Inverse Labor Supply Elasticity for Women
Graduation Probabilities
Wage Parameters
Parameters of Child and Parental Utility

Directly taken from NSLY97
Directly taken from NSLY97

Directly taken from NSLY97
Estimated from regressions
Maximum Likelihood (Table 2)

Current Policies
L̄t
T (y)
G(θ, I)

Yearly Stafford Loan Maximum Values
Current Tax Function
Need- and Merit-Based Grants

Value in year 2000
Heathcote et al. (2017)
Estimated from regressions

the year 2000, dependent undergraduates could borrow $2,625 during the first year of college,
$3,500 during the second, and $5,500 during following years up to a maximum of $23,000. We
set these as the loan yearly borrowing limits in our model. Students are eligible for either
subsidized Stafford loans, under which the student does not pay interest on the loan while
he/she is enrolled in college, or unsubsidized Stafford loans, where the student pays interest
on the loan. Students are eligible for subsidized loans if their cost of college exceeds their
expected family contribution, which is calculated as a function of parental assets and income,
number of siblings, and student assets and income. For simplicity, we follow Johnson (2013),
and assume that students with parental income below the sample median are eligible for
subsidized loans and therefore do not pay interest on their loans while in college and that
students with parental income above the median receive unsubsidized loans and therefore pay
interest on loans while in college. Finally, we allow graduation probabilities to depend on an
agent’s ability level and choose P rtGrad (θ) as the fraction of continuing students with ability θ
who graduate each year. In practice, we estimate separate yearly graduation probabilities for
students with above median ability and below median ability. We assume that all agents in
the model have to graduate after six years by setting P r6Grad (θ) = 1 for all ability levels.
3.2.2

Estimation

We estimate the remaining parameters with maximum likelihood. An agent’s likelihood contribution consists of 1) the contribution of their initial college choice, 2) the contribution of
their labor supply and continuation decision each year in college, and 3) the contribution
of their realized parental transfers. We assume that parental transfers are measured with
normally distributed measurement error. The set of parameters estimated via maximum likelihood consists of the CRRA parameter, γ, the set of parameters governing the amenity value
of college and working in college, κX and ζ, the dropout cost, δ, the parameters governing

16

the parent’s altruism, paternalism, and warm glow, ω, ξ0 , ξP arEd , φ and cb , the parameters
governing the distribution of the college enrollment and working in college preference shocks:
E

σ E , σ ` and λ, and the standard deviation of the measurement error of parental transfers,
tr

σ e . The likelihood contribution of college enrollment and labor supply in college are given
by the logit choice probabilities and the likelihood contribution of parental transfers by the
PDF of the normal distribution. As these formulas are relatively standard, we present the full
likelihood function in online appendix 3.4.
In online appendix 3.5, we provide a formal discussion of the identification of psychic costs
and give necessary conditions for non-parametric identification.21 In essence, variation in the
conditional choice probabilities of working in college and dropping out for agents in their final
year before graduating identifies the differences in psychic cost terms between the choices
in college. For example, all else equal, a large number of agents choosing to work full-time
in the terminal period of college would imply that the psychic costs of working full-time in
college are low relative to the psychic costs of other options for college enrollees. Further, the
probability of dropout in the penultimate year of college identifies the levels of psychic costs
terms.22 All else equal, a higher number of agents dropping out in the penultimate year of
college implies a higher level of psychic costs for college enrollees. How these conditional choice
probabilities vary across agents with different levels of assets, parental transers, and effective
costs of college identify the idiosyncratic components of psychic costs. As in all discrete choice
models, we need to make a normalization for scale. Scale here is set by the flow utility function
from consumption of the numeraire good. Specifically, as there is no coefficient in front of
1−γ

this flow utility from consumption of the numeraire good ( c1−γ ) and because the price of the
consumption good is normalized to one, the scale of the utility function is measured in the
flow utility of consumption, where consumption is measured in dollars.
The maximum likelihood estimates are shown in Table 2 in Appendix A.3. We now discuss
the estimates of several of the key parameters. This is kept brief, as the magnitude of the
parameters is difficult to interpret in a vacuum. The parameter γ governs the curvature of the
utility function with respect to consumption and plays a key role in determining an agent’s
risk aversion. We estimate γ = 1.89, which is in the middle of the range of estimates from the
literature. The parameters governing the psychic cost of college are κ0 , κθ , κf em , and κP arEd .
Our estimates of these parameters imply that the psychic cost of college is decreasing in an
agent’s ability and parental education. Furthermore, females have a lower psychic cost of
college relative to men, reflecting the fact that women attend college in high numbers despite
lower monetary returns than men.
21

See also Heckman and Navarro (2007), Cunha et al. (2005), and Navarro and Zhou (2017) for discussions
on the identification of psychic costs in dynamic discrete choice models.
22
Identification of the level of utility, and not just the differences, is possible because college dropout is a
terminating action. See Bajari et al. (2016) for a proof of identification of levels of utility in dynamic discrete
choice models with a terminating action.

17

3.3

Model Performance and Relation to Empirical Evidence

3.3.1

Model Fit

Enrollment. Figure 1 illustrates enrollment as a function of parental income and AFQT
scores in percentiles. The solid lines indicate results from the model, and the dashed lines are
from the data. The relationships in general are well fitted, though we slightly underestimate
both gradients. The overall number of individuals who enroll in college is 38.4% in our sample
and 39.4% in our model. In our model, 30.0% of agents graduate from college compared to
27.7% in the data. Data from the US Census Bureau are very similar: in 2009 the share of
individuals aged 25-29 holding a bachelor’s degree is 30.6% – a number that comes very close
to our data, where we look at cohorts born between 1980 and 1984. In online appendix 4.1,
we show that the fit is equally good for graduation rates and when we examine enrollment
rates separately by gender.

(a) Enrollment Rates and Parental Income

(b) Enrollment Rates and AFQT

Figure 1: Enrollment Rates
Notes: The solid (red) line shows simulated enrollment shares by parental income and AFQT
percentile. This is compared to the dashed (black) line which shows the shares in the data.

Parental Transfers. Differences in parental transfers across parental income levels can play
a role in generating differential college-going rates across income groups. College transfers are
strongly increasing in parental income in both the model and data, though our model slightly
underestimates the average college transfers in the data.23 The average college transfer for
enrollees with below-median parental income is $45,000 in the model compared to $49,000 in
the data, while the average college transfer for enrollees with above-median parental income is
$57,000 in the model compared to $60,000 in the data. The model does a good job of matching
the average level of high school transfers. While in our simulations high school transfers are
23

We plot the fit of our model with respect to parental transfers in online appendix 4.3.
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increasing globally in parental income, parental transfers for high school graduates in the data
are decreasing for the highest-income children.24
Working During College. We match average hours worked quite well. The average college
student in our simulation works 16.21 hours per week compared to 17.39 in the data.25 We
observe a weak negative relationship between parental income and working during college in
the model and the data.
Earnings and College Premia. Online appendix 4.5 analyzes the performance of the
model with respect to earnings dynamics. The simulated mean earnings across ages are very
close to those in the data. The college-earnings premium averaged across all ages greater than
25 in our model is 85%, that is, the average income of a college graduate is nearly twice as high
as the average income of a high school graduate. This is well in line with empirical evidence
in Oreopoulos and Petronijevic (2013); see also Lee et al. (2017).
Untargeted Moments. The model successfully replicates quasi-experimental studies. First,
it is consistent with estimated elasticities of college attendance and graduation rates with
respect to financial aid expansions (Deming and Dynarski, 2009). Second, it is consistent
with the causal impact of parental income changes on college graduation rates (Hilger, 2016).
Further, our model yields (marginal) returns to college that are in line with the empirical
literature (Card, 1999; Oreopoulos and Petronijevic, 2013; Zimmerman, 2014). More details
are contained in online appendix 4.6.

4

Results: Optimal Financial Aid

4.1

Baseline

For our first policy experiment, we ask which levels of financial aid for different parental
income levels maximize Utilitarian welfare. For this experiment, we consider optimal budget
neutral reforms where we do not change taxes or any other policy instrument but instead only
vary the targeting of financial aid.26 Additionally, we work under the constraint that financial
aid is nonnegative everywhere.27 Figure 2(a) illustrates our main result for the benchmark
case. Optimal financial aid is strongly decreasing in parental income. Compared to current
policies, financial aid is higher for students with parental income below $78,000. This change
24

A reasonable suspicion is that this partly reflects measurement error because the set of high-income
children who never enroll in college is relatively small. Our parameter estimates were robust ignoring this set
of individuals in the estimation.
25
Note that average hours of work are calculated using data from the entire year and thus include work
during summer break.
26
At this stage, we leave the merit-based element of current financial aid policies unchanged, that is, we do
not change the gradient of financial aid in merit and show the financial aid level for the median ability level. In
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(a) Financial Aid

(b) Graduation Rates

Figure 2: Optimal versus Current Financial Aid
Notes: Optimal financial aid with a Utilitarian welfare function and current financial aid in Panel
(a). In Panel (b) we display the college graduation share by parental income group.

in financial aid policies is mirrored in the change in college graduation, as shown in Figure 2(b).
The total graduation rate increases by 2.8 percentage points to 32.8%.

4.2

No Desire for Redistribution

One might be suspicious of whether the progressivity is driven by a desire for redistribution
from rich to poor students that results in declining welfare weights.28 If this were the case, the
question would naturally arise whether the financial aid system is the best means of doing so.
However, we now show that the result holds even in the absence of redistributive purposes. We
modify the social planner’s problem such that the marginal social welfare weights are constant
across parental income levels, i.e.

∂W E (I)
∂I

= 0. In this case, the social planner values a dollar

transferred to any inframarginal student equally, independent of the student’s marginal utility
of consumption or level of parental crowdout.29 The results are in shown with the blue dasheddoted line in Figure 3(a). The optimal financial aid schedule is slightly less progressive than
the optimal financial with a Utilitarian welfare function.
online appendix 6.7, we show that our main result also extends to the case in which the merit-based elements
are chosen optimally. We outline the algorithm we use to calculate optimal policies in online appendix 7.
27
Relaxing this, one would get a negative subsidy at high parental income levels but nothing substantial
changes in terms of results.
28
In fact, 1 − W E (I), which is the relevant term for the formula, increases from around by a factor of
around 2.3 between the 75th and 25th percentile of parental income. Note that this welfare weight is defined
such that it accounts for crowding out of parental transfers. In fact, we find that crowding out is stronger for
high parental income students. Going from the lowest to the highest parental income, the crowding out rate
is monotonically increasing, from 9% at the 25th percentile to 25% at the 75th percentile of parental income.
The fact that 1 − W E (I) increases by a factor of 2.3 is hence not only due to the Utilitarian welfare function
but also due to the fact that an increase in financial aid for the poorest students will be crowded out much
less than financial aid for the richest students.
29
We outline the algorithm we use to calculate optimal policies with no desire for redistribution in online
appendix 7.2.
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(a) Financial Aid

(b) Fiscal Returns

Figure 3: Financial Aid Policies with no Redistribution Motive and Fiscal Returns on Increase
in Financial Aid
Notes: The dashed-dotted (blue) line shows the optimal schedule for a social planner with no
redistribution motive. The dotted (magenta) line shows the optimal schedule under the objective of
maximizing net-tax revenue (net of expenditures for financial aid). Optimal financial aid with a
Utilitarian welfare function and current financial aid are also shown for comparison in Panel (a). In
Panel (b), the dashed-dotted (blue) line shows the net fiscal return for a $1 increase in financial aid
targeted to all students with a parental income level lower than X. The solid (red) line shows the
net fiscal return for a $1 increase in financial aid targeted to all students with a parental income
level equal to X.

4.3

Tax-Revenue-Maximizing Financial Aid

In this section we ask the following question: how should a government that is only interested
in maximizing tax revenue (net of expenditures for financial aid) set financial aid policies?
The dotted magenta line in figure 3(a) provides the answer: revenue-maximizing financial aid
in this case is very progressive as well. Whereas the overall level of financial aid is naturally
lower if the consumption utility of students is not valued, the declining pattern is basically
unaffected. For lower parental income levels, revenue-maximizing aid is more generous than
the current schedule, which implies that an increase must be more than self-financing. We
study this in more detail in Section 4.4.

4.4

Self-Financing Reforms

An increase in financial aid can be self-financing if properly targeted. The solid red line in
Figure 3(b) illustrates the fiscal return, that is, the net effect on government revenue were
financial aid for a particular income level to be increased by $1. For example, a 40% return
implies that the net present value increase in tax revenue is 40% larger than the cost of
increasing financial aid. Returns are positive for parental income between $0 and $33,000; the
latter number corresponds to the 32nd percentile of the parental income distribution. This
result is striking: increasing subsidies for this group is a free lunch. An alternative would be to
21

consider reforms where financial aid is increased for students below a certain parental income
level. This case is illustrated by the dashed-dotted blue line in Figure 3(b). An increase in
financial aid targeted to children with parental income below $54,000 – corresponding to the
59th percentile – is slightly above the margin of being self-financing.

5

Why Are Optimal Policies Progressive?

We have just shown in Section 4 that optimal financial aid is considerably more progressive
than the current US policies and that the results are not driven by the desire to redistribute
from richer to poorer students. We now explore the key forces determining this progressivity
result. Recall that the change in welfare due to a small increase of G(I) is given by (3)

∂E(I)
∂C(I)
× ∆T E (I) +
E(I) × ∆T C (I) − Ẽ(I) 1 − W E (I) .
∂G(I)
∂G(I)
|
{z
}
E(I)
{z
}
|
{z
} Mechanical Effect
|
Enrollment Effect
Completion Effect
To explain why the optimal financial aid schedule is more progressive than the current US
financial aid, we illustrate the two most important determinants of this welfare effect: the
enrollment effect and the mechanical effect evaluated at the current US system financial aid.30
Figure 4(a) plots the increase in enrollment for a $1,000 increase starting from the current
financial aid system against parental income. The curve is decreasing in income – children with

(a) Marginal Students

(b) Fiscal Externality

Figure 4: Marginal Students and Tax Revenue Changes
Notes: In (a), we plot the change in enrollment rates for a simulated $1,000 change in financial aid
for each parental income level. The average (across all individuals in the sample) is 1.69 percentage
points. In (b), we show the implied average fiscal externality across all students who are marginal
w.r.t. the financial aid increase.
30

We only found a quantitatively very small contribution of the completion effect and therefore focus on
the other two effects.
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low parental income react more strongly. This contributes to the result that optimal financial
aid is more progressive than the current US benchmark. By contrast, as shown in Figure 4(b),
the fiscal externality ∆T E (I) is increasing in parental income because (i) marginal enrollees
from higher income households have higher returns31 and (ii) the fiscal externality is higher for
children with high income parents because they receive less financial aid. We now turn to the
mechanical effect. Since we have already shown in Sections 4.2 and 4.3 that the redistributive
preferences play a minor role, we turn again to the of inframarginal enrollees as plotted in
Figure 1(a). As discussed above, there is a strong parental income gradient, as the simulated
share of enrollees increases from around 21% to around 63%. Note that this implies that the
direct marginal fiscal costs of a grant increase by a factor of three with parental income.
Summing up, both the increasing share of inframarginal students and the declining share
of marginal students are important drivers for why optimal financial aid is more progressive
than current financial aid. An open question is what exactly drives how the share of marginal
and inframarginal students vary with parental income. We now provide a model-based decomposition to shed light on the key drivers.

5.1

Relationship between Inframarginal Students, Marginal Students,
and Parental Income

We have just seen that the following two features mainly explain why optimal financial aid
is more progressive than current financial aid. First, students with low parental income are
more likely to be on the margin of enrolling in college. Therefore, an increase in financial aid
targeted at low income families will induce larger increases in college enrollment. Second, the
positive relation between college enrollment and parental income is strong and therefore the
direct fiscal costs of increasing financial aid is lower for children with low parental income. We
now provide a model-based decomposition by removing model features one-by-one to better
understand which factors drive these two relationships. For example, we will simulate a
version of the model in which we remove the correlation between parental income and ability
and recalculate the shares of inframarginal students and the shares of marginal students.
This will help us to isolate the effect of these features of the model on the increasing share of
inframarginal students and the decreasing share of marginal students. For this decomposition,
all changes to the model specification are cumulative. That is, each new model specification
contains the same model alterations as the previous specification.32
31

The relationship between parental income and the average ability of marginal students depends on how
strongly college enrollees are selected on ability. Ultimately, we find that average ability of marginal enrollees
is increasing in parental income. As the college wage premium is increasing in ability, this implies that increase
of tax payments of marginal enrollees is increasing in parental income.
32
In online appendix 5.2, we consider an alternative decomposition in which we equalize parental transfers
first. Additionally, in online appendix 5.3, we conduct a decomposition where we remove the borrowing
constraint before we equalize parental transfers.
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To isolate the effects of model primitives, we perform this decomposition for a hypothetical
flat financial aid schedule instead of the current US tax schedule. This allows us to isolate the
influence of the model primitives, instead of mixing the effects of current policies and model
primitives. For each decomposition, we set the aid for all parental income groups to the mean
level of financial aid in the data. Results are similar if the decomposition is performed for the
current financial aid system, as we document in online appendix 5.1.
Inframarginal Students We start by focusing on the relationship between parental income
and college enrollment in Figure 5(a).33 The solid line captures the baseline case. College enrollment rates are strongly increasing in parental income: 69% of students at the top of the
parental income distribution enroll in college compared to only 17% at the bottom of the
distribution.34 One factor that leads to this positive relationship is the correlation between
parental income and ability. To understand the contribution of this correlation toward differential college-going rates by parental income, we simulate a version of the model in which we
remove the correlation between parental income and ability by drawing each agent’s ability
from the unconditional ability distribution. Recall that ability affects both the returns to
college and the psychic costs of attending college. Figure 5(a) shows that the relation between
college enrollment and parental income reduces substantially, with 27% of children at the bottom of the income distribution enrolling in college compared to 69% of children from the top
of the income distribution.
Additionally, children with higher parental income are more likely to go to college because
parental income is positively correlated with parental education. Since higher parental education lowers psychic costs, this implies a negative correlation between parental income and
psychic costs. We remove the relation between parental education and psychic costs in college
by setting κP arEd = 0, in addition to removing the correlation between parental income and
ability.35 After removing these differences in psychic costs, the relationship between parental
income and college enrollment becomes again flatter with 33% of children from the bottom of
the income distribution and 48% from the top of the income distribution.
In our model, there are further factors that influence the parental income gradient in college
education. The individual returns to college are not known at the time of the enrollment
decision. As individuals are risk averse and as parents with higher income levels give higher
transfers for students attending college, this riskiness of college is another mechanism which
can generate a positive relationship between college and parental income. In addition to the
modifications above, we remove this risk in the monetary return to college by simulating a
version of the model in which each agent with certainty receives a fixed labor market ability
33

Alternatively, we could have focused on graduation instead of enrollment. The implications are very
similar.
34
Note that this relationship is stronger than the one in Figure 1(a) where the current financial aid schedule
is used as benchmark.
35
Furthermore, we set κ0 so that the average psychic cost of going to college is unchanged.
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draw. Removing the riskiness of college leads to a further flattening of the relationship between
parental income and college enrollment. However, there is still a gradient as enrollment
increases from 35% to 48% due to the fact that high parental income children obtain more
transfers from their parents. We finally remove this relationship by providing all children the
mean parental transfer levels for enrollees and non-enrollees and assuming that no families
are eligible for subsidized Stafford loans. As a consequence, the relationship between parental
income and college enrollment becomes flat.36 Differences in parental transfers therefore play
an important role in explaining differences in college going rates, especially given that agents
face borrowing constraints. We conclude that all components play an important role for the
increasing share of inframarginal students with the exception of the risk channel.

(a) Inframarginal Enrollees

(b) Marginal Students

Figure 5: Model-Based Decomposition for Marginal and Inframarginal Students
Notes: We plot the share of college enrollees and marginal college enrollees given a flat financial aid
schedule for different model specifications. The solid red line represent the baseline model (but also
with the flat financial aid schedule). For the dashed black line we simulate a model version for
which we remove the correlation between ability and parental income. For the dashed-dotted blue
line we remove additionally the correlation between the psychic costs and parental education. For
the dotted pink line we additionally remove labor market riskiness; i.e. education decisions are
made with no uncertainty about future wages. For the turquoise line with crosses we set parental
transfers to the mean parental transfers in the data, conditional on education.

Marginal Students We turn to the determinants of the negative relation between parental
income and the share of marginal enrollees (again considering a $1,000 increase in financial aid)
in Figure 5(b). The solid line shows the relationship between parental income and the share of
marginal students in the baseline case. The share of marginal students is decreasing in parental
income. The dotted line and the dash-dotted line show the cases in which we remove the
correlation between parental income and ability and in which we remove the relation between
36

The line is not totally flat because individuals still differ in gender and region and these variables are not
distributed in exactly the same way for each parental income group.
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parental income and parental education, respectively. In both cases, the share of marginal
students among low income families increases slightly. One reason why this occurs is that the
enrollment share of low income families moves closer to 50%: 50% corresponds to the mode of
the logistic distribution, which implies a higher marginal share, all else equal. Removing the
riskiness of college returns (the dotted line) reduces the share of marginal low income students
slightly, but the relation between parental income and the share of marginal students is still
strongly decreasing. Finally, we set parental transfers to the mean levels for enrollees and
non-enrollees and assume no families are eligible for subsidized Stafford loans. The relation
between parental income and the share of marginal enrollees disappears completely when there
is no relationship between parental income and the child’s financial resources. This last step
shows the differences in parental transfers play the most important role in generating the
negative gradient between parental income and share of marginal students. Households with
lower parental transfers are closer to the borrowing constraints and therefore more responsive
to increases in financial aid.37

Figure 6: Optimal Financial Aid for Different Model Specifications
Notes: For each model specification (see Figure 5), we illustrate the respective optimal financial aid
schedule.

5.2

Recalculation of Optimal Policies

This decomposition has illustrated the key factors in the positive relation between parental
income and college education and the negative relation between parental income and the share
of marginal students. To understand what these factors imply for the optimal financial aid
schedule, we therefore now remove model features one-by-one and recalculate the optimal
financial aid schedule. For example, we start by calculating the optimal financial aid in an
environment in which we remove the correlation between parental income and ability. This
37

As said, in online appendix 5.3, we consider a decomposition where we remove the borrowing constraint
before we equalize parental transfers. In the absence of borrowing constraints, parental transfers play a much
smaller roll in differences in share of marginal students across income groups.
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allows us to measure the role of the correlation between parental income and child’s ability
on the optimal aid schedule. For each alternative model specification, we recalculate the
government’s exogenous revenue requirements, F̄ , by simulating the model with the current
financial aid schedule under the alternative model specification. We then calculate the optimal
financial aid schedule given this new level of the exogenous revenue requirements. Figure 6
shows the implied optimal policies for each model specification.
The red line shows the optimal aid schedule in the baseline model. The next two lines
show the optimal aid when we remove the correlation between parental income and ability
and then additionally remove the correlation between parental income and psychic costs. The
optimal policies are still relatively progressive in those models. Although enrollment rates
flatten (see the lines in Figure 5(a)), there are offsetting effects as low-income children are
now more likely to be marginal (see the lines in Figure 5(b)). Therefore, the positive relation
of parental income with ability and preferences for college are not the main drivers of the
financial aid results.
The next line shows the optimal aid in which we additionally remove riskiness. As shown in
the previous section, both the inframarginal and marginal relationships become flatter when
we remove the riskiness of college. Therefore removing riskiness leads to a more progressive
optimal aid schedule, because there are no offsetting effects in this case. Finally, the turquoise
crossed line shows the optimal aid when we have equalized parental transfers. This line shows
an almost zero slope, as transfers are equalized and we are in a world where parental income
plays no more role. Given that agents face borrowing constraints, differences in parental
transfers play an important role in determining the relationship between parental income and
share of marginal students. The effects for marginal students and inframarginal students
therefore again work in tandem, pushing towards flat aid.38
From this decomposition, we conclude that the correlations between parental income and
parental transfers, psychic costs, and ability all play important roles in the progressive optimal
aid schedule with parental transfers probably playing the biggest role. In the presence of
borrowing constraints, the correlation of parental income with parental transfers drives the
negative correlation of parental income and share of marginal students and also plays a role
in the positive correlation of parental income and the share of inframarginal students. The
relationships between parental income and ability and psychic costs play important roles in
the correlation between share of inframarginal students and parental income, and therefore
also play important roles in the progressive optimal aid schedule.39
38

Again, the fact that it financial aid not totally flat is due to the fact that individuals still differ in gender
and region and these variables are not distributed in exactly the same way for each parental income group.
39
As mentioned, in online appendix 5.3, we consider a decomposition in which we first remove the correlation
with parental transfers before removing the correlations with ability and psychic costs. We reach similar
conclusions. In the decomposition where we remove borrowing constraints first, before removing parental
transfers, the role of parental transfers is much more limited.
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6

Extensions

We consider five important extensions: the role of borrowing constraints, endogenous abilities
of children, general equilibrium effects, endogenous optimal taxation, and merit-based aid.
The latter three are found in online appendix 6, because of space constraints.

6.1

The Role of Borrowing Constraints

We have shown that optimal progressivity is not primarily driven by redistributive tastes but
rather by efficiency considerations in Section 4.3. Given that our analysis assumes that students cannot borrow more than the Stafford Loan limit, the question arises whether these
efficiency considerations are driven by borrowing limits that should be particularly binding
for low-parental-income children. To elaborate on this question, we ask how normative prescriptions for financial aid policies change if students can suddenly borrow as much as they
want (up to the natural borrowing limit, which is not binding). As in Section 5.2, we first recalculate the government’s exogenous revenue requirements, F̄ , by simulating the model with
the current financial aid schedule but without borrowing constraints. We then calculate the
optimal financial aid schedule given this new level of the exogenous revenue requirements. As
we show in online appendix 6.1, optimal financial aid policies become less progressive in this
case. This is expected. More low-income children are close to the borrowing constraint in the
baseline specification. When we remove borrowing constraints, redistributing funds towards
these students becomes less attractive for the utilitarian social planner. Quantitatively, however, optimal policies are still very progressive even when borrowing constraints are removed.
We also re-estimated a version of the model in which borrowing constraints varied by parental
resources. We found that the optimal financial aid schedule was very similar to the baseline
schedule. Details can be found in online appendix 6.2.

6.2

Endogenous Ability

Up to this point, we have assumed that a child’s ability at the beginning of the model, θ, is
exogenous. One might be concerned that parents may respond to changes in the financial aid
schedule by adjusting their investment in their child’s development, therefore changing their
child’s ability at the time of the college entrance decision. We now posit a model extension in
which a child’s ability is determined endogenously as a function of parental investment.
Children are endowed with an initial ability at birth θ0 , where θ0 is a random variable with
CDF θ0 ∼ Fθ0 (·|I). A child’s ability at the time of college, θ, is produced as a function of the
child’s initial ability and parental monetary investment, Invest. The parent observes θ0 at
the beginning of the child’s life and then chooses investment in the child. Additionally, the
parent chooses parental transfers when the child attends college, as in the baseline model. For
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simplicity, we assume that grants are only a function of income when solving the model with
endogenous ability. This considerable simplifies the model solution.
For the production of the child’s ability, we assume the following functional form, which is
based on the translog functional form employed in Agostinelli and Wiswall (2016)40
θ = ln A + γ 1 ln θ0 + γ 2 ln Invest + γ 3 ln θ0 ln Invest + ι,
where ι is a normally distributed error that is unknown by the parent at the time of choosing Invest, and where A, γ 1 , γ 2 , and γ 3 are parameters of the ability production function.
After the parent chooses Invest, the ability production shock ι is realized. The parent’s
problem is then the same as in the baseline case: each year, the parent continues to make
consumption/saving decisions and chooses parental transfers when the agent reaches the college enrollment choice. Therefore, increases in early childhood investment increase the child’s
expected ability, but come at the cost of reduced consumption for the parent and potentially
lower transfers when the child reaches the enrollment decision.
We calibrate the parameters of the childhood ability production function to match the joint
distribution of parental income and ability we observe in our data and selected moments from
Agostinelli and Wiswall (2016). Details on the calibration are included in online appendix 6.3.
We also show that our model is consistent with quasi-experimental estimates of the effect of
family income on a child’s ability (Dahl and Lochner, 2012).
The optimal financial aid schedule and graduation rates with endogenous ability are shown
in Figure 7. Panel 7(a) shows the new optimal financial aid schedule when ability is endogenous. Compared to the baseline case when ability is exogenous, the optimal aid schedule is
now much higher, reflecting that increases in financial aid are now much more profitable for
the government. With endogenous ability, increases in financial aid lead to increases in child
ability, which increase tax payments of both marginal and inframarginal children. The optimal
aid schedule is still highly progressive. Panel 7(b) shows the graduation rates evaluated at
the optimal aid schedule with endogenous ability. Switching to the optimal schedule leads to
an increase in college graduation rates of over 10%, reflecting that 1) the optimal schedule is
considerably more generous than the current schedule and 2) increases in financial aid lead to
larger increases in college-going when ability is endogenous.41
40

Agostinelli and Wiswall (2016) estimate a model of early childhood developments with multiple periods
in which childhood skills are latent. Additionally, they use a broader concept of parental investment; the
investment we refer to here is strictly monetary.
41
We show childhood ability as a function of parental income under the current financial aid schedule and
under the optimal schedule in online appendix 6.3. Low income parents may face borrowing constraints when
their child is young (Caucutt and Lochner, 2017; Lee and Seshadri, 2019). In online appendix 6.4, we calculate
the optimal aid schedule with endogenous ability with low income parents that may be borrowing constrained
when their child is young. The optimal progressivity decreases as we tighten borrowing constraints but the
remains more progressive than the current schedule in all cases.
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(a) Financial Aid

(b) Graduation Rates

Figure 7: Financial Aid and Graduation with Endogenous Ability
Notes: The dashed-dotted (blue) line shows the optimal schedule when child’s ability is endogenous.
Optimal financial aid with exogenous ability and current financial aid are also shown for comparison
in Panel (a). In Panel (b) we display the college graduation share by parental income group when
ability is endogenous with the optimal aid schedule and with the current aid schedule.

7

Conclusion

This paper has analyzed the normative question of how to optimally design financial aid
policies for students. We find that optimal financial aid policies are strongly progressive. This
result holds for different social welfare functions, assumptions on credit markets for students,
and assumptions on income taxation. Moreover, we find that a progressive expansion in
financial aid policies could be self-financing through higher tax revenue, thus benefiting all
taxpayers as well as low-income students directly. It seems to be that financial aid policies
are a rare case with no classic equity-efficiency trade-off because a cost-effective targeting
of financial aid goes hand in hand with goals of social mobility and redistribution. We also
think that our results can be used for policy recommendations according to the criteria of
Diamond and Saez (2011):42 the economic mechanism is empirically relevant and of first
order importance to the problem, it is very robust and progressive financial aid systems are
clearly implementable, as they are universal across all OECD countries.
Future work could focus on adding heterogeneity in the quality of colleges, which would
allow for rich interactions with financial aid policies. In such a setting, it would seem natural
to let the government optimize over financial aid as a joint function of parental background
and college quality. Thinking more seriously about these issues could also extend the scope
of the analysis to the level of community colleges. We leave that for future research.

42

Diamond and Saez (2011) write in their abstract: "We argue that a result from basic research is relevant
for policy only if (a) it is based on economic mechanisms that are empirically relevant and first order to the
problem, (b) it is reasonably robust to changes in the modeling assumptions, (c) the policy prescription is
implementable (i.e., is socially acceptable and is not too complex)."
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A

Appendix

A.1

Value Functions During College


Agents do not graduate and remain in college with probability 1 − P rtGrad (θ) , which depends
on the agent’s ability level θ. Further, we allow the interest rate the agent receives in college
to vary by the agent’s assets (positive or negative) and by the agent’s parental income, to
reflect features of the Stafford loan program.
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subject to the budget constraint and the borrowing constraint, where Vt+1

 W
and εt+t are defined in the main body. The term Vt+1 (X, e = G, at+1 , wt+1 ) is the expected

value of being a college graduate in the workforce in year t + 1. We allow tuition, F(X), to
depend on the agent’s region. This allows the model to capture differences in tuition across
geographic regions and is also helpful for identifying the parameters of the model.

A.2

Details: Parent’s Problem

The parent’s problem begins when the parent turns 20 years old. Each year the parent receives
income and makes consumption/saving decisions. We assume that all parents make transfers
to their children at the year which corresponds to t = 1 for the child and an age of 43 for the
parent.43 Parents start the model with 0 assets and live until age 65.
For all years when the transfer is not given, the parent simply chooses how much to consume
and save. Let VtP denote the parent’s value function in year t. We can write this as
VtP



X̃, I, aPt





(cP )1−γ
P
P
= max
+ βVt+1 X̃, I, at+1 ,
1−γ
cP


subject to:
cP = yitP + (1 + r) aPit − aPit+1
where aPt is the parent’s assets in year t and yitP is the parent’s income in year t.44 Note that
a parent’s state space does not include the child’s idiosyncratic preference for college εE .
In the year of the transfer, the parent also receives utility from transfers. In this year, we
write the parent’s Bellman equation as
43

This will correspond to age 18 of the child if the parent gave birth to the child at age 25. This is the
median age a mother gave birth to their child in the NLSY97.
44
We set the risk aversion for parents γ = 1 outside of estimation such that the estimate of the child’s γ is
identified only by decisions of the child, and is not identified by the amount of parental transfers given.
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VtP
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1−γ

subject to:
cP + tre = yitP + (1 + r) aPit − aPit+1 .
where trhs and trcol are the transfers offered conditional on the child’s education choice, and
tre are the realized transfers.45 As the parent must commit to transfers before the child’s
e
college preference shock is realized, the child’s college choice
 and therefore the value of tr
is stochastic at the time the parent chooses the transfer. F trhs , trcol , X̃, I is the expected

utility the parent receives from the transfer schedule trhs , trcol and is defined in the main text.
We assume parents must also pay transfers to the agent’s siblings. Therefore, if the child
¯ (nsibs, I) out of their budget to
has nsibs siblings, the child’s parents also pay nsibs × tr
¯ (nsibs, I) is the predicted level of parental monetary transfers for
the other siblings, where tr
children with nsibs and parental income of I, unconditional of the child’s education choice.
¯ (nsibs, I) by regressing monetary transfers on parental income separately for
We predict tr
each number of siblings we observe in the data.

A.3

Maximum Likelihood Estimates

The parameter estimates are contained in Table 2.

45

In the data, we follow Johnson (2013) we calculate transfers as the sum of monetary transfers and the
monetary benefit of living at home. We assume that the monetary benefit of living at home is given exogenously
and only the actual monetary transfers are included in the parent’s budget constraint. We assume that the
monetary benefit of living at home is equal to the average amount conditional on parental income and the
child’s education choice.
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Table 2: Maximum Likelihood estimates

1−γ

E

Estimate

Standard Error

1.9
0
0.057
0.18
7.8?
1.2
0.40
0.59

0.0057
(Normalization)
3.6?
4.1?
.069?
1.7?
.0078?
0.38?

E

College Utility: U E (c, `) = c1−γ − κθ,d − ζ ` + ε`it
Curvature of Utility
γ
No work
ζ0
Part time
ζ1
Full time
ζ2
Standard Deviation of Enrollment Shock σ {E}
Dropout cost
δ
E
Standard Deviation of Working Shock
σ {` }
Nesting Parameter
λ

Psychic Cost: κθ,d = κ0 + κθ log (θi ) + κfem I (s = female) + κP arEd ParEdui
Constant
κ0
0.44
0.15?
?
Ability Interaction
κθ
-8.3
0.014?
?
Female Dummy
κfem
-0.083
0.00075?
?
Parental Education
κP arEd -1.7
0.0049?
Parental Utility from Transfers:
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(cb + tre )

(ξ
+
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ParEdu
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+
φ
F trH , trE , Ωi = ωEV Ωi |trH , trE +E 
0
P
arEd
i
E


1−γ
{z
}
|
{z
} |
{z
}
|
Altruism

Altruiusm
Prestige Constant
Parent’s Education Interaction
Warm Glow Strength
Warm Glow Level

Paternalism

ω
ξ0
ξP arEd
φ
cb

3.0
0.27
0.69?
0.09
-3.4 ??

Warm Glow

0.021
0.0017
0.00024?
0.0016
0.059??

? we display 10,000 times the parameter value.
?? we display the parameter value divided by 10,000.
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